The paper shows the existence of Buchsbaum quasi-Gorenstein rings of any admissible depth.
has the advantage of being more explicit: one knows the parametric presentation of the given quasi-Gorenstein rings, and therefore one can compute their defining equations.
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Affine semigroup rings
In this section we collect some results on affine semigroup rings that will be used in the construction of Buchsbaum quasi-Gorenstein rings.
Let N denote the set of nonnegative integers. By an affine semigroup we mean a finitely generated submonoid S of the additive monoid N", 77 > 0. Let k[S] denote the semigroup ring of S over a field k . Then one can identify k [S] with the subring of a polynomial ring k[tx, ... , t"] generated over k by the monomials tx = 7*', ... , t%", x = (xx, ... , x") £ S. Of course, every ring generated over k by a finite set of monomials is an affine semigroup ring.
For further investigations we have to introduce some notation. Let A and B be two subsets of Z". We denote by G(A) the additive subgroup of Z" generated by A, and by A ± B the set of all elements a ± b, a £ A and b £ B . Let S be an arbitrary affine semigroup in N" with rankz G(S) = r > 1 . Let ffs denote the convex polyhedral cone spanned by the elements of 5 in the space Q" . Then we call S a standard affine semigroup if ffs has exactly 77(7 -1 )-dimensional faces lying on the hyperplanes x, = 0, /' = 1, ... , 77. According to Hochster [4, p. 323 ] (see also [11, §1] ), every affine semigroup can be transformed isomorphically to a standard one.
Set Sif) = {x £ S\xt = 0} and St = S -S(i), i = I, ... , n. Note that the sets St are <S"-ideals. Put 
Buchsbaum quasi-Gorenstein rings of any admissible depth
In this section we will apply the above criteria for quasi-Gorenstein and Buchsbaum affine semigroup rings to construct Buchsbaum quasi-Gorenstein rings of any admissible depth.
We will start with a subgroup G of Z" and try to impose conditions on G so that there exists a submonoid S of N" with G(S) -G for which k[S]M is a quasi-Gorenstein ring. From this it follows that the faces of ffs lying on 77, have the maximal possible dimension. Moreover, assumption (i) also implies that S^ ^ S(j) for i # y. This means that these faces are different. Obviously, ffs has no other maximal faces. Hence S is a standard affine semigroup. Further, from the definition of S we deduce that J {x £ G\xi > 0 and x, ■■ ± 1} if /' e 7, ' I {x e G\xi > 0}
if / e 7.
Since Cs = G\ [J"=, Sj, we can compute Cs and obtain Cs = {x £ G\Xj < 0 or x, = 1 for /' e 7 and x, < 0 if /' $ 7}. One can easily compute the generators of T and obtain k[T] = k[t2 ,t\,t\, t2tl, t\t\, t\t\, t\t\, t\ht\, t\t\, t\t\, t\t2t\}.
According to [8, Remark (3.2) and Theorem (3. and since x -y and y -x do not belong to S, the assumption of Lemma 1.3 is satisfied. Hence A is a Buchsbaum ring.
